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FK we find likewise two other points pertaining to the same curve. And so on 
for ever. 

But what I say for finding points between the points and K, the same 
also holds good uniformly for finding points between the points K and D. Ob- 
viously the curve CKD, arising from the hypothesis of acute angle, is the line 
joining the extremities of all equal perpendiculars erected upon the same base 
toward the same part, which assuredly can come under the name ordinates. It 
is, I add, a line of such sort, that on account of the hypothesis of acute angle, 
from which it arises, it always is concave toward the parts of the opposite base 
AB. Quod quidem hoc loco declarandum, ac demonstrandum a nobis erat. 

Proposition XXXV. If from any point L of the base AB the ordinate LF 
is drawn to this curve CKD : I say the straight NFX perpendicular to LF must 
on both sides fall wholly toward the convex parts of this curve, and therefore it will 
be tangent to this curve. 

Proof. For if possible, let a certain point X (Fig. 43.) of NFX fall with- 
in the cavity of this curve. Let fall from the point X to the base AB the per- 
pendicular XP, which prolonged through X meets the 
curve in a certain point R. Now thus. In the quad- 
rilateral LFXP the angle at the point X will be neith- 
er right nor obtuse : else (Proposition V and Proposi- 
tion VI) would be destroyed the present hypothesis 
of acute angle. 

Therefore the aforesaid angle will be acute. 
Wherefore (from Corollary I after Proposition III) 
PXand so much more PR will be greater than LF. Fig. 43. 

But this is absurd (from the preceding) against the nature of this curve. 

So NF produced must fall wholly toward the convex parts, and so it will 
be tangent to this curve. Quod erat demonstrandum. 

I To be Continued. 1 
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(4 )_(8) gives -i r +-i r +-i r+ -i r+ --24S0O (12) ' 
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= K~36 — wr-m^-bY (38) - 



Squaring (2) gives with (4) 
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From (.4) by inspection, 
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i*"."2"»~3*~4* + l g .2«.3».6« + l».3».4».5» + 9!"" ...(56). 

Ill 7t in 

Generally l».2«...(n-l)« + l«.3»...n» + 1».2».4» . . .n» + ' ' ' ,= (2n+l)! ' " (57) ' 
When fe* f - -L.inh,r=( l+i,)( 1+-L)( l + -J-,)( l+^)( 1 + -L) . . (58). 

==1+ TT + "5T + TT + TT + ' ' " (59) = 1 + ( 1 ) + ( 38 ) + (55) + (56)+ . . . .(60). 
From (B) by inspection, 

111 jr° 
1 2 .3 2 .5 2 + l 2 .3 2 .7 i+ 3 s .5 2 .7 2+ = 4 8 (6 !) ^ 61 ^" 

1,1 1 tt 8 
1 2 .3 2 .5 2 ,7 S+ l 2 .3 2 .5 2 .9 2 + 3 8 .5 2 .7 2 .9 2 + = 4*(8 !) ^" 

1 1 jr 2 " 
Generally l 2 .3U6n factor's 4 " 1 2 .5 2 ton factors + == 4»(2n !) (63) * 

When *=*, oo 8 h»r=( l + ~)( H^X 1 + -^-)( 1+ ^) - < 64 ) 

=1 + "2T + TT + TT + ~f]~ + •( 65 )= 1+4 ( 5 ) + 42 ( 40 ) + 4 H61) + 4-4(62)+ -(66). 

2cosb.7r=e" +«—=2(l 4-2 2 )[l +(|) 2 ][l + (f) 2 ][l + (f) 2 ] <67). 

2sinh^-=e" -^=4^tl + (i) 2 ][l + (i) 2 ][H-(|) 2 ][l + (|) 2 ] (68). 

The number of series summed above is deemed sufficient for illustration, 
although many more could be summed from the above relations. 



